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Dans la Partie IV, on prendra K = C. 
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Rd

�

N Z Q
R C

x �x� X Card(X)
X Y

X Y = {x ∈ X | x �∈ Y }.
X Rd λ

λX = { y ∈ Rd | ∃x ∈ X, y = λx }.

� f : N → Z P ∈ C[T ]

f(n) = P (n)

n ∈ N

� f : N → Z N
P0, . . . , PN−1 ∈ C[T ] n ∈ N

f(n) = PrN (n)(n)

rN(n) n N

d m1, . . . ,md

n ∈ N

un = Card({(k1, . . . , kd) ∈ Nd |
d∑

i=1

miki = n})

vn =
∑n

i=0 ui

Le symbole signale l’introduction dans le texte d’une définition, d’une hypothèse, d’une notation 
ou d’un rappel. 
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(vn)n∈N d = 1

n �→ vn

i ∈ {1, . . . , d} Ui =
∑

k∈N T kmi

U =
∑
n∈N

unT
n ∈ Z[[T ]],

un

U Ui

U × ∏d
i=1(1 − Tmi).

V =
∑

n∈N vnT
n

V U

� F =
∑

n∈N anT n F ′ =
∑

n�1 nanT n−1

(F1F2)
′ = F ′

1F2 + F1F
′
2 F1

F2 F F (0) = F
F (k+1) F (k)

G =
∑

n∈N T n

G2 G G′

k ∈ N Gk+1 G(k)

(un)n∈N (vn)n∈N

m1 = · · · = md = 1 n �→ vn

v : N → Z n �→ vn

1 2

p q x = p/q
(un)n∈N

un = Card(Z ∩ [0, nx]) − nx

n ∈ N

a, b, c, d ∈ Z A = (a, b) ∈ Z2 B = (c, d) ∈ Z2 [A,B]
R2 A B

Card([A,B] ∩ Z2) = pgcd(c − a, d − b) + 1.

� R2

R
R2 X

R2 ∂X X Xo X X
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Xo P R2 P
Z2

� P R2 V (P) P

Card(P ∩ Z2) = V (P) +
1

2
Card(∂P ∩ Z2) + 1.

a, b, c, d ∈ Z a < b c < d [a, b]× [c, d]

a, b
(0, 0) (a, 0) (0, b)

R2

P P
P

P1 P2 S1 S2

Z2 P1 P2 P1 ∩P2

[A,B] A B S1 ∩ S2

[A,B] = ∂P1 ∩ ∂P2

P1

(AB)

P1 P2

P1 ∪ P2

P1 P1∪P2

P2

A B C R2

{A,B,C}
P S

P N S

A ∈ S A
S {A}

A,B, C,D S (α, β, γ)
D (A,B, C) α+β+γ = 1
α, β, γ

N � 3 i �→ Ai {1, . . . , N}
S A1 S

(A2A3)

N � 4 M P
{A2, . . . , AN} M {A1, A2, A3}

M A1, . . . , Ai

i
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K d
K[X1, . . . , Xd]

∏d
i=1 Xai

i d a =
(a1, . . . , ad) ∈ Nd M

N∗

m = (m1, . . . ,md) ∈ N∗d

P ∈ K[X1, . . . , Xd]

πm(P ) = deg(P (Tm1 , . . . , Tmd))

deg(0) = −∞ n ∈ N Hm,n

P ∈ C[X1, . . . , Xd]

P (Tm1X1, . . . , T
mdXd) = T nP (X1, . . . , Xd)

K[X1, . . . , Xd][T ]

P K[X1, . . . , Xd] n ∈ N P
Hm,n

Hm,n K

N N n
Hm,n

K[X1, . . . , Xd] Hm,n n
N

� G N ξ
N C g0 G

V d C π G V
π : G → GL(V )

(e1, . . . , ed) V α1, . . . , αd π(g0)(ei) = ξαiei i ∈ {1, . . . , d}
P ∈ C[X1, . . . , Xd] x = (x1, . . . , xd) ∈ Cd P (x) =

P (x1, . . . , xd) u C Cd

ũ C C[X1, . . . , Xd]

ũ(P )(u(x)) = P (x)

P ∈ C[X1, . . . , Xd] x ∈ Cd P ũ(P )

� (e1, . . . , ed) Cd π G Cd

π(g0)(ei) = ξmiei τ = ˜π(g0) C[X1, . . . , Xd]

A = {P ∈ C[X1, . . . , Xd] | τ(P ) = P }.
A C[X1, . . . , Xd]

A
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